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Abstract
Alzheimer disease (AD) is an increasingly prevalent neurodegenerative condition
and a looming socioeconomic threat. A biomarker for the disease could make the
process of diagnosis easier and more accurate, and accelerate drug discovery. The
currentworkdescribesamethodforscoringbrainimagesthatisinspiredbyfunda-
mentalprinciplesfrominformationretrieval(IR),abranchofcomputersciencethat
includes the development of Internet search engines. For this research, a dataset of
254 baseline 18-F ﬂuorodeoxyglucose positron emission tomography (FDG-PET)
scans was obtained from the Alzheimer’s Disease Neuroimaging Initiative (ADNI).
For a given contrast, a subset of scans (nine of every 10) was used to compute a
residual vector that typiﬁed the difference, at each voxel, between the two groups
being contrasted. Scans that were not used for computing the residual vector (the
remaining one of 10 scans) were then compared to the residual vector using a co-
sine similarity metric. This process was repeated sequentially, each time generating
cosine similarity scores on 10% of the FDG-PET scans for each contrast. Statistical
analysis revealed that the scores were signiﬁcant predictors of functional decline
as measured by the Functional Activities Questionnaire (FAQ). When logistic re-
gression models that incorporated these scores were evaluated with leave-one-out
cross-validation, cognitively normal controls were discerned from AD with sensi-
tivityandspeciﬁcityof94.4%and84.8%,respectively.Patientswhoconvertedfrom
mild cognitive impairment (MCI) to AD were discerned from MCI nonconverters
with sensitivity and speciﬁcity of 89.7% and 62.9%, respectively, when FAQ scores
were brought into the model. Residual vectors are easy to compute and provide
a simple method for scoring the similarity between an FDG-PET scan and sets
of examples from a given diagnostic group. The method is readily generalizable
to any imaging modality. Further interdisciplinary work between IR and clinical
neuroscience is warranted.
Introduction
Alzheimer disease (AD) is the most common cause of neu-
rodegenerative dementia among elderly patients. It is now
well recognized as a public health emergency for the 21st
century. By an estimate based on data from the 2000 census,
there will be 13.5 million cases by the year 2050 unless treat-
ments are developed to prevent or slow progression of the
disease (Hebert et al. 2003).
The absence of biomarkers for detecting AD and track-
ingitsprogressionrendersdiscoveryofnewtreatmentsmore
difﬁcult. At this time, the diagnosis cannot be made with
conﬁdence in the absence of detailed cognitive testing. These
cognitive tests are time consuming and can be difﬁcult to
interpret if the participant is not adequately engaged. Some
clinical trials in recent years have enrolled patients with mild
cognitive impairment (MCI—a condition characterized by
memory impairment without dementia) and evaluated rates
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of conversion from MCI to AD as an outcome measure (Sal-
lowayetal.2004;Petersenetal.2005;Thaletal.2005;Feldman
et al. 2007). While it is true that drugs for preventing conver-
sion are highly desirable, conversion has some undesirable
properties for an outcome measure. Conversion does not
take place suddenly and can be difﬁcult to identify with cer-
tainty. Rates of conversion are low and variable, with 6–15%
of amnestic MCI patients converting to Alzheimer’s disease
each year. This means that large numbers of MCI patients
must be recruited and followed for a long period of time be-
fore it is possible to discern a difference in conversion rates
between two randomized groups of participants in a clinical
trial. Biomarkers offer the hope of rapid and unambiguous
diagnosis, precise tracking of disease severity, and improve-
ments over existing methods for evaluating the efﬁcacy of
interventions.
Positronemissiontomography(PET)scansforthecurrent
studywereacquiredusing18-ﬂuorodeoxyglucose(FDG),and
will be referred to hereafter as FDG-PET or PET scans. FDG
issynthesizedbyreplacingoneofthehydroxylgroupsinglu-
cose with a ﬂuorine atom. Despite this change, the molecule
bears sufﬁcient similarity to glucose to be taken up by living
cellsinproportiontotheirmetabolicdemands.Theradiation
emitted by the tracer after it has been absorbed by the cells
can therefore be used to construct a map depicting the glu-
cose demands of the different tissues. FDG-PET scans have a
characteristic appearance that can facilitate the diagnosis of
AD (Silverman et al. 2001; Drzezga et al. 2005). In addition,
PET scans have clinical utility for discerning between AD
and dementia caused by frontotemporal lobar degeneration
(FTLD)(Fosteretal.2007).Severalresearchstudieshaveeval-
uatedtheutilityofPETscansfordiagnosingAD(Minoshima
et al. 1995; Silverman et al. 2001) or for predicting the pro-
gression of MCI or AD (Chetelat et al. 2003; Drzezga et
al. 2005; Landau et al. 2010, 2011; Walhovd et al., 2010).
PET scans for studies such as these are often subjected to
complexpost-processing,suchassegmentationintovolumes
of interest, or surface projection. The current work focuses
on automatic detection of AD or elevated MCI conversion
risk, making use of elementary information retrieval (IR)
techniques.
IR is a broad ﬁeld that is concerned chieﬂy with the rapid
selectionofrelevantdocumentsfromvastdatabases.Thedoc-
umentsinquestionaretraditionallytext,andthishasshaped
many IR techniques. The simplest approach is to formulate
a query as a list of key words and to retrieve only documents
that contain all of the key words. This approach does not
perform well in practice, however. Another approach that is
almost as simple is to arrange word counts from numerous
documentsinamatrixandthentotreattherowsandcolumns
of the matrix as vectors. This permits comparison of docu-
mentsandqueriesusingsimplemathematicalmeasurements
onvectors,suchasEuclideandistance(ageneralizationofthe
Pythagoreantheorem)andcosinesimilarity(ameasureofthe
Figure 1. Geometric interpretation of ordinary least squares regression.
A vector N (representing the PET scan of an MCI nonconverter) is pro-
jected onto a space, C, which is composed of PET scans from MCI pa-
tients who converted to AD within 2 years of being scanned. Although
C is depicted as being planar, in actuality it has as many dimensions as
the number of PET scan vectors that compose it. The projection vector, P,
can be computed by means of multiplying a “hat” matrix by the original
vector, N. The hat matrix is derived from the matrix C by the equation
C(CTC)−1CT,w h e r et h e−1 superscript represents the matrix inverse and
the T superscript represents the matrix transpose. The residual vector, R,
is then calculated by subtracting the projection P from N. The residual
is orthogonal to all vectors in the column space of C, but retains some
similarity to the original vector, N.
angle between two vectors that is maximal when the vectors
are parallel). More typically, the term-document matrix is
subjected to further mathematical processing for extracting
the most salient features of the data, such as singular value
decomposition or latent semantic analysis (Widdows 2004).
Thisvector-spacemodelofinformationhasproventobevery
useful, and the possibility of extending it to retrieval of im-
agesandmusicisanareaofactiveresearch(Caseyetal.2008;
Datta et al. 2008).
The diagnosis of AD (or identiﬁcation of patients who
meet other clinical criteria) may be approached from an IR
perspective.Inthiscase,wewishtosearchadatabaseofbrain
imagesandretrievethoseimagesthatbelongtopatientswith
AD or elderly controls. Somewhat more compelling (and
more difﬁcult) is the retrieval of scans from patients with
memory impairment who are destined to develop AD. The
immediateproblemthatarisesistheformulationofthequery.
In text-based IR, the query is simply a list of words (such as a
document)thatcanbeconvertedtoavectorandcomparedto
documents in the database. The current research focuses on
a relatively simple method for formulating “query” vectors
from groups of PET scans and then evaluating the utility of
these vectors for retrieving relevant scans (i.e., for making
diagnosesorpredictionsonthesubjectswhocontributedthe
scans).
Fig. 1 summarizes the residual vector analysis method, the
ﬁrst step of which is mathematically identical to comput-
ing the ordinary least squares approximation of the solution
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to a system of linear equations. Geometrically, the ordinary
least squares approximation is the projection of one vector
(composed of the values of the dependent variable) onto
a space deﬁned by other vectors (the matrix of independent
variables).Thisprojectionisthelinearcombinationofvectors
from the matrix column space that is closest to the original
vector.Subtractionofthisprojectionvectorfromtheoriginal
vector yields a residual vector that is orthogonal to all of the
vectors in the matrix column space. Thus, when similarity is
quantiﬁed in terms of the cosine of the angle between two
vectors (i.e., zero for perpendicular vectors, one for parallel
vectors), the residual vector will have zero similarity with all
of the column vectors in the matrix. Because the residual
vector is a component of the original vector, it will maintain
some cosine similarity with it (except in the unlikely event
that a perfect solution is found, in which case the residual
w i l lb et h ez e r ov e c t o r ) .
The goal of this project was to determine whether residual
vectors computed in this manner have any utility as query
vectors when used to search a database of PET scans that
were not used in computation of the residual vector itself.
The speciﬁc questions being posed were: (1) Do cosine simi-
larity scores derived from the residual vectors make a signif-
icant contribution to variance in logistic regression models
using AD diagnostic status or MCI conversion status as the
dependent variable? (2) Can cosine similarity scores predict
functionaldecline?(3)Howdotheselogisticregressionmod-
elsfarewhenusedasclassiﬁersofcasesnotusedinthemodel
computation?
Methods
Alzheimer’s disease neuroimaging initiative
(ADNI) participants
Datausedinthepreparationofthisarticlewereobtainedfrom
the Alzheimer’s Disease Neuroimaging Initiative (ADNI)
database (adni.loni.ucla.edu). The ADNI was launched in
2003 by the National Institute on Aging (NIA), the National
InstituteofBiomedicalImagingandBioengineering(NIBIB),
the Food and Drug Administration (FDA), private pharma-
ceutical companies, and nonproﬁt organizations, as a $60
million,5-yearpublic–privatepartnership.Theprimarygoal
of ADNI has been to test whether serial magnetic resonance
imaging (MRI), PET, and other biological markers are useful
for tracking the progression of MCI and early AD. Deter-
mination of sensitive and speciﬁc markers of very early AD
progression is intended to aid researchers and clinicians to
develop new treatments and monitor their effectiveness, as
well as lessen the time and cost of clinical trials. The princi-
pal investigator of this initiative is Michael W. Weiner, MD,
VA Medical Center and University of California, San Fran-
cisco. ADNI is the result of efforts of many coinvestigators
from a broad range of academic institutions and private cor-
porations, and subjects have been recruited from over 50
Table 1. Demographics of ADNI subjects (n = 242).
Category Sex (M:F)ns Age (SD)ns MMSE (SD)∗ FAQ (SD)∗
Control (n = 79) 48:31 76.0 (4.8) 29.1 (0.9) 0.2 (0.7)
MCI-n (n = 70) 52:18 76.7 (7.1) 27.1 (2.6) 3.3 (4.4)
MCI-c (n = 39) 27:12 76.3 (6.9) 26.1 (2.5) 5.6 (5.1)
Alzheimer disease 32:22 76.1 (7.0) 22.2 (3.7) 16.0 (7.1)
(n = 54)
∗AllpairwisecomparisonsP <0.05;ns=nosigniﬁcantdifferenceamong
groups.
sites across the United States and Canada. The initial goal of
ADNI was to recruit 800 adults, aged 55–90, to participate
intheresearch—approximately200cognitivelynormalolder
individuals to be followed for 3 years, 400 people with MCI
to be followed for 3 years, and 200 people with early AD
to be followed for 2 years. For up-to-date information, see
www.adni-info.org.
Participants in ADNI are assigned to a diagnostic category
(cognitively normal control or NC, MCI, or AD) based on
clinical evaluation. NC participants must have mini-mental
state exam (MMSE) score >23, Clinical Dementia Rating
(CDR) score of 0, and no exclusions or conﬂicting diagnoses
(depression,MCI,ordementia).MCIparticipantsmusthave
MMSE >23, CDR = 0.5, subjective memory complaints, ab-
sence of signiﬁcant impairment in nonmemory cognition or
activities of daily living, and objective memory loss based
on education-adjusted scores on the Wechsler Memory Scale
Logical Memory II. AD participants must have MMSE score
>19 and <27, CDR score of 0.5 or 1.0, and must meet
NINCDS/ADRDA criteria for probable AD (McKhann et al.
1984).Ofnote,thesecriteriadonotmakeuseofMRIorPET
brainimaging.Thedatacollectionprocedureswereapproved
by the institutional review board at each of the ADNI sites
and all participants provided informed consent.
Anonymized data from 254 ADNI participants were ac-
quired for this study and were classiﬁed as follows: NC
(n = 79), MCI (n = 121), AD (n = 59) (see Table 1). Using
subsequent determinations of conversion to AD, members
of the MCI group were divided into a group of participants
who converted during 2 years of follow-up (MCI-c, n = 39)
and a group of participants who were followed for at least 2
years without converting (MCI-n, n = 70). The remaining
12 PET scans were excluded from further analysis due to lack
of sufﬁcient follow-up data. The ﬁnal dataset comprised 242
PET scans.
ADNI PET scans
Preprocessed baseline PET scans acquired with GE (Fair-
ﬁeld, CT), Siemens (Munich, Germany), and Philips (Ams-
terdam,TheNetherlands)PETscannersweredownloadedin
ANALYZE format from the ADNI website. Preprocessing
consisted of the following steps. First, six 5-min frames were
identiﬁed and the last ﬁve of these frames were coregistered
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with the ﬁrst, reducing effects of movement during the 30-
min acquisition. These six coregistered frames were then av-
eraged together and reoriented into a standard 160 × 160 ×
96 voxel image grid with 1.5-mm cubic voxels. This image
grid was oriented such that the anterior–posterior axis of the
subjectwasparalleltoalineconnectingtheanteriorandpos-
teriorcommissures(theAC–PCline).Scansweretheninten-
sity normalized and smoothed with a scanner-speciﬁc ﬁlter
function that was determined from phantom scans acquired
during the certiﬁcation process. This smoothing step cor-
rected for differences between PET scanners and produced
images with a uniform isotropic resolution of 8-mm full
width at half maximum (FWHM).
The downloaded scans were then spatially normalized to
the SPM5 PET template (http://www.ﬁl.ion.ucl.ac.uk/spm/).
An average PET scan was generated from all of the spatially
normalized scans with Automated Image Registration (AIR,
Woods et al. 1998). All further PET scan processing and
analysis was performed using custom software written in
MATLAB R   (R2007b,TheMathWorks,Natick,MA).Theav-
erage PET scan was used to create a mask for extraction of
brain voxels. The mask was deﬁned as all voxels with in-
tensity >25,000. A single command in MATLAB R   returns a
vectorcontainingallpointsatwhichagivencomparison(e.g.,
>25,000) is true, ordered as if all the columns in the volume
were “unwound” into a single column. This vector of points
canthenbeusedasalistofindicesforanewvolume,thereby
selecting only the points in the new volume that correspond
to the points in the mask. All mathematical procedures were
thenundertakenonvectorscreatedbyselectingonlythevox-
els within the mask. Statistical analyses were performed in
R (R Development Core Team, 2008), using core routines
and the lme4 module for linear mixed models. Signiﬁcance
testing for linear mixed models made use of Markov Chain
MonteCarlopermutationanalysisincludedinthelanguageR
module.
Projection and residual vectors
In order to create a “query” vector for the identiﬁcation of
similarities between any given PET scan and those of pa-
tients with AD or MCI, it was necessary to isolate those
aspects of AD PET scans that differ from normal PET scans.
This distinction has traditionally been made using statisti-
cal comparisons of voxels or regions of interest (ROIs). One
disadvantage of the traditional approach is that it is often
necessary to perform numerous comparisons, which must
be statistically corrected to avoid or minimize Type I errors.
The number of comparisons can be reduced by focusing the
analysis on a small set of ROIs, but this approach assumes
that the areas of abnormal brain tissue will correspond to
the (usually) anatomically deﬁned ROIs and that areas out-
side the selected ROIs are not useful for discerning among
the groups. The approach described here was to locate a vec-
tor that would have low or zero cosine similarity with PET
scans of members of one diagnostic group, while maintain-
ing a relatively higher cosine similarity with the PET scans of
members of another group.
The following is a description of the application of the
method for discerning between subjects with AD and cogni-
tivelynormalcontrols.Analogousmethodswereusedforthe
MCI-cversusMCI-ncomparisons.First,asetofADPETscan
vectorswerearrangedinamatrix.Theprojectionsofagroup
ofNCscanvectorsontothecolumnspaceofthismatrixwere
then computed. As mentioned above, this process is mathe-
maticallyidenticaltoﬁndingtheleastsquaresapproximation
of the solution to a system of linear equations. Each of these
projections was then subtracted from the corresponding NC
scan vector, yielding a set of residual vectors—one for each
NC subject (Fig. 1). These residual vectors were averaged
to generate a single “prototypical” residual vector. Because
the average residual was a linear combination of vectors or-
thogonal to the AD space, the average was also certain to
be orthogonal to this space. As an orthogonal vector, it had
zero cosine similarity with all of the AD scan vectors. This
approach is similar to using subtraction of projections to ac-
complish a logical NOT for search engines (Widdows and
Peters 2003; Widdows 2004).
Measurementsofsimilarityontheentiredatasetweregen-
eratedusingthefollowingmethod.Thescanswereﬁrst“strat-
iﬁed”byassigningeachonetooneof10differentgroups,with
each group containing comparable proportions of each type
of scan (i.e., because the entire sample comprised 33% NC
scans, 22% AD, 16% MCI-c, 29% MCI-n, each of the 10
groups was made to approximate these proportions). Resid-
ual vectors were then computed using nine of the 10 groups
andaveragedtogether.Forexample,theNCscanvectorsfrom
these nine groups were projected onto the space deﬁned by
the AD scan vectors and residual vectors were obtained. The
average of these residual vectors was then compared with co-
sine similarity to all scans in the group that was originally
leftout,regardlessoftype(i.e.,diagnosticgroup).Thus,each
scan in the left-out group received a cosine score reﬂecting
its similarity to the residual vector obtained when AD scans
were regressed out of NC scans. The process was repeated 10
times, each time leaving out one group of scans and using
the remaining nine groups to create a residual vector. This
method is known as stratiﬁed 10-fold cross validation.
Two sets of residual vectors were derived in this man-
ner. The ﬁrst set was derived using PET scans of cognitively
normal controls and AD patients. This set consisted of two
types of vectors: one created by projecting NC PET scan vec-
tors onto a space deﬁned by AD PET scans and one created
by performing the opposite projection. The second set was
derived by projecting MCI-n scan vectors onto a space de-
ﬁned by MCI-c PET scan vectors and then performing the
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opposite projection. Thus, four cosine-similarity scores were
computed for each PET scan using a residual vector of each
type(i.e.,twofromtheAD/NCprojectionsandtwofromthe
MCI-n/MCI-c projections).
Statistical analysis of measurements
Cosine similarity scores were entered individually into lo-
gistic regression models with category membership (AD vs.
NC or MCI-c vs. MCI-n) as the dependent variable. Age
and sex were considered as potential covariates but were re-
moved if they failed to improve the overall ﬁt of the model.
ScoresontheMMSEandFunctionalActivitiesQuestionnaire
(FAQ) and interactions of these scores with cosine similar-
ity scores were considered as covariates only for the MCI-c
versus MCI-n logistic regression models. MMSE and FAQ
scoreswerenotincludedintheADversusNClogisticregres-
sion model due to concern of circularity, because these diag-
nostic classiﬁcations were assigned when subjects originally
enteredthestudy,andthesescoresmighthaveinﬂuencedthe
classiﬁcationitself.Thus,themaximalpossiblelogisticequa-
tions were represented by Equation (1), where cosim repre-
sents the appropriate cosine similarity scores and the terms
in parentheses were considered only for the MCI-c/MCI-n
contrast.
logit(p) = β0 + β1 × cosim + β2 × age
+β3 × sex + (β4 × MMSE + β5 × FAQ) (1)
Scores on the FAQ were obtained for each subject at base-
line and at each follow-up visit. A linear mixed model was
ﬁtted using FAQ follow-up scores as the dependent variable,
beginningwithanullmodelandreﬁningitbytheadditionof
subjectsasarandomeffect.Fixedeffectswerethenaddedand
those that improved the model’s ﬁt were left in. Candidate
ﬁxedeffectsincludeddiagnosticgroup(NC,AD,MCI),base-
lineFAQscore,cosinesimilarityscoresandtheirinteractions,
baseline MMSE score, and the interactions of each of these
variables with time to follow-up (measured in months).
Training classiﬁers
Thequalityofthelogisticregressionmodelsasclassiﬁerswas
thenevaluatedbythefollowingmethod.Alogisticregression
model (with the same variables that were chosen from the
statistical analysis) was computed using all but one subject.
Scores from the left-out subject were then entered into the
logistic model to compute an output between zero and one.
This output was thresholded at 11 different levels on the in-
tervalbetweenzeroandone(withincrementsof0.1)toderive
predictions of the subject’s diagnostic or conversion status.
T h ep r o c e s sw a sr e p e a t e df o re a c hs u b j e c t ,a n dp r e d i c t i o n
data were accumulated across all subjects. Sensitivity, speci-
ﬁcity, and predictive value scores were calculated from the
accumulatedpredictiondataateachthresholdlevel.Receiver
operating characteristic (ROC) curves were constructed us-
ing the 11 different thresholds. The quality of the classiﬁer at
each threshold was determined by comparing it to a random
classiﬁer using McNemar’s chi-square and the best classiﬁer
was selected.
Results
Statistical analysis
NC versus AD
Residual vectors derived from AD and NC PET scans were
used to derive cosine similarity scores for each subject. Lo-
gistic regression was used to determine the contribution of
these scores to variance in odds of having AD. MCI subjects
were not included in this model. Residual vectors derived by
projecting AD PET scans onto NC PET scans led to the best
classiﬁer.Agrandaverageoftheseresidualvectorswastrans-
formed back into three-dimensional space and displayed as
Fig.2.Thisgrandaverageshowsthattheareasoflowestresid-
ualarelocatedinthelateralparietalandtemporalregionsand
medial parietal/posterior cingulate regions. These areas ap-
pear grossly to correspond to the “default mode network”
(Raichle et al. 2001; Greicius et al. 2004, 2008). Many of the
clusters of voxels with lower residual do arise in regions con-
sideredtobewithinthedefaultmodenetwork,ascanbeseen
in Table 2. However, some regions of high absolute residual
do not clearly ﬁt into the default mode network (e.g., the left
mesial inferior occipital cluster). In addition, none of these
clusters show high absolute residual in the mesial frontal re-
gions,whichﬁgureprominentlyinthedefaultmodenetwork.
Cosine similarity scores computed from these vectors made
a signiﬁcant contribution to the model (b = 731.9, standard
error [SE] = 122.6, z = 5.97, P < 0.00001). The positive co-
efﬁcient and z-score show that higher scores were associated
withhigheroddsofhavingAD.Neitheragenorseximproved
the ﬁt of the model and both were excluded.
MCI-n versus MCI-c
Residual vectors derived from MCI-n PET scans and MCI-c
PETscanswereusedtoderivecosinesimilarityscoresforeach
subject.Logisticregressionwasusedtodeterminethecontri-
butionofeachofthesescorestovarianceinoddsofconverting
todementiaduringa2-yearfollow-upperiod.OnlyMCIsub-
jectswer eincludedinthismodel.R esidualv ectorsderiv edby
projecting MCI-n PET scans onto a space deﬁned by MCI-c
PET scans resulted in cosine similarity scores with slightly
better predictive power and only data related to these scores
are presented here. A grand average of these residual vectors
wastransformedintothree-dimensionalspaceanddisplayed
as Fig. 3. Note that these residual vectors reﬂect greater “nor-
mality”whilethosedepictedinFig.2reﬂectgreatersimilarity
to AD. Thus, in Fig. 3 it is the highest residual voxels that are
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Figure 2. Grand average residual vector
created by (1) projecting each AD PET scan
onto a space deﬁned by 90% of the NC PET
scans, (2) subtracting the projection from
the original AD PET scan to obtain a residual
vector, and (3) averaging together all of the
residuals. Voxels with the lowest residual
values are located in the lateral temporal
lobes, lateral parietal lobes, precuneus, and
posterior cingulate, corresponding to the
default mode network.
Table 2. Locations of peaks in top ten areas of high residual for each contrast.
Cluster size Peak
(voxels) residual Coordinates of peak Anatomical description
AD versus EC 951 −3027 −62 −33 −25 Left posterior inferior temporal
631 −2919 6 −70 44 Right precuneus
251 −2813 −5 −102 −15 Left inferior mesial occipital
1076 −2609 −31 −51 43 Left parietal centrum semiovale
877 −2572 14 −51 34 Right posterior cingulate
699 −2567 41 −54 46 Right superior parietal
418 −2415 63 −29 −22 Right inferior temporal
126 −2159 11 −19 13 Right thalamus
51 −2092 −25 22 39 Left dorsolateral frontal
109 −2067 23 71 28 Right frontal operculum
MCI-c versus MCI-n 195 2392 −16 1 72 High left dorsolateral frontal
202 2064 −40 −62 16 Left parietal
197 2009 −10 −70 68 High left parietal
212 2002 26 −46 52 Right parietal centrum semiovale
425 1756 −14 22 −28 Left orbitofrontal
110 1668 16 −78 62 High right parietal
48 1641 30 −16 64 Right posterior frontal
120 1614 72 −18 −14 Right middle temporal
112 1612 10 −78 −14 Mesial inferior occipital
195 1609 28 −80 24 Right parietal
located in regions that appear grossly to correspond to the
default mode network. Once again, however, the top 10 clus-
ters of high residual show only a loose correspondence with
the default mode network (Table 2). The cosine similarity
score made a signiﬁcant contribution to the model (b =
−400.1,SE=115.8,z =−3.46,P <0.001).Thenegativeco-
efﬁcient and z-score show that higher scores were associated
with lower risk of conversion to dementia. Covariates of age
a n ds e xd i dn o ti m p r o v et h eﬁ to ft h em o d e l .
This model was enhanced somewhat by the addition of
baselineFAQ scoreandtheinteractionofFAQ scorewiththe
cosinesimilarityscore.Cosinesimilaritycontinuedtomakea
signiﬁcantcontribution(b=−581.8,SE=167.5,z =−3.48,
P<0.001).TherewasnomaineffectofFAQscore(b=−0.02,
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Figure 3. Grand average residual vector
created by the same general method as in
Fig. 2, but projecting MCI-n PET scans onto
a space deﬁned by MCI-c PET scans. Voxels
with the highest residual values are
topographically similar to those with the low
residual values in Fig. 2.
SE = 0.07, z =− 0.32, P > 0.05), but the interaction of FAQ
and cosine similarity was signiﬁcant (b = 40.2, SE = 19.7,
z = 2.04, P < 0.05).
Prediction of functional decline
All but three of the 242 subjects were entered into a linear
mixed model with at least one follow-up data entry per sub-
ject (676 total observations) and the dependent variable of
FAQ score at follow-up. The three excluded subjects did not
have follow-up FAQ scores for the analysis. A random inter-
cept for subject was added to an initial null model and was
shown to improve the ﬁt. Fixed effects were then added to
this model. Diagnostic group and its interaction with time
failed to improve the ﬁt of the model and were not included.
The strongest predictor of FAQ score at follow-up was FAQ
score at baseline (b = 0.875, SE 0.03, t = 28.9, P = 0.0001).
The positive t-statistic reﬂected a tendency for FAQ scores
to trend upward with time in this population (Higher FAQ
scores reﬂect worsening functional status). However, the in-
teraction of FAQ score with time did not improve the model
andwasremoved.Therewasamaineffectoftime(b=0.074,
SE 0.015, t = 4.80, P = 0.0002). There was no main effect of
baselineMMSEscore(b=−0.05,SE0.1,t =−0.5,P >0.05),
but the MMSE × time interaction was negatively associated
withFAQscoreatfollow-up(b=−0.02,SE0.005,t =−4.68,
P = 0.0002), suggesting that having a higher MMSE score at
baseline was protective against functional decline. There was
a main effect of cosine similarity score derived from the MCI
residualvector(b=−251.2,SE137.0,t =−1.83,P =0.048),
but no two-way interaction of this variable with time (b =
−1.33, SE 6.90, t =− 0.19, P > 0.05). These residual vectors
were derived by projecting MCI-n PET scans onto MCI-c
PET scans and would be expected to generate higher cosine
similarity scores with more “normal” PET scans. The neg-
ative coefﬁcient and t-score suggest that higher scores were
associated with a lower risk of functional decline. There was
nomaineffectofcosinesimilarityscorederivedfromtheAD
residualvector(b=−38.7,SE94.3,t =−0.41,P >0.05),but
this score did interact with time (b = 18.2, SE 5.2, t = 3.51,
P = 0.0012). These residual vectors were derived by project-
ingADPETscansontoNCPETscansandwouldbeexpected
to generate higher cosine similarity scores with more abnor-
malPETscans.Therefore,thepositivecoefﬁcientandt-score
for the interaction with time suggests that higher scores are
associatedwithgreaterriskoffunctionaldeclinewiththeon-
goingpassageoftime.Thetwocosinesimilarityscoresdidnot
interact with one another (b = 20040, SE 19420, t = 1.03,
P > 0.05), but there was a three-way interaction between
these scores and time (b =− 2783.0, SE 1133.0, t =
−2.46, P < 0.05). This ﬁnding suggests that subjects with
higher AD/NC cosine similarity scores and lower MCI co-
sine similarity scores exhibited greater increases in FAQ over
time.
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Figure 4. ROC curves showing performance of a simple logistic re-
gression model for classiﬁcation of subjects into elderly control and AD
groups. The independent variable was a cosine similarity score computed
from vectors corresponding to each subject’s PET scan and residual vec-
tors like the one depicted in Fig. 2.
Table 3. Performance of logistic regression classiﬁers (“leave-one-out”
cross-validation).
MCI-c MCI-c versus
AD versus versus MCI-n
Comparison controls∗∗ MCI-n∗ (including FAQ)∗
Sensitivity 94.4 84.6 89.7
Speciﬁcity 84.8 55.7 62.9
Positive predictive value 81.0 51.6 57.4
Negative predictive value 95.7 86.7 91.7
Area under ROC curve 93.6 72.8 76.5
∗McNemar’s chi-square test versus random classiﬁer, P < 0.05; ∗∗P <
0.0001
Classiﬁer accuracy
NC versus AD
ThelogisticregressionmodelfordiscriminatingbetweenNC
andADsubjectswasevaluatedasaclassiﬁer,usingleave-one-
out cross-validation. A separate model was computed with
eachsubjectleftoutandtheabilityofthemodeltopredictthe
status of the subject was evaluated at 11 thresholds. Maximal
sensitivityandspeciﬁcitywere94.4%and84.8%,respectively.
T h ea r e au n d e rt h eR O Cc u r v ew a s9 3 . 6 %( s e eF i g .4a n d
Table 3). The classiﬁer performed signiﬁcantly better than a
random classiﬁer (McNemar χ2 = 31.3, P < 0.00001).
MCI-n versus MCI-c
The logistic regression model predicting conversion status
using only the cosine similarity score was evaluated using
leave-one-out cross-validation. A separate model was com-
putedwitheachsubjectleftoutandtheabilityofthemodelto
predictthestatusofthesubjectwasevaluatedat11thresholds.
Maximal sensitivity and speciﬁcity were 84.6% and 55.7%,
respectively. The area under the ROC curve was 72.8% (see
Fig. 5 and Table 3). The classiﬁer performed signiﬁcantly
better than a random classiﬁer (McNemar χ2 = 5.34, P <
0.05).
A second classiﬁer was evaluated, using the logistic regres-
sionmodelthatincludedFAQscoreandtheinteractionofthis
score with cosine similarity, again using leave-one-out cross-
validation. This classiﬁer achieved a maximal sensitivity and
speciﬁcity of 89.7% and 62.9%, respectively. The area under
theROCcurvewas76.5%(Fig.5B).Thisclassiﬁerperformed
signiﬁcantly better than a random classiﬁer (McNemar χ2 =
6.54, P < 0.05).
Discussion
The ﬁndings presented here constitute an initial attempt to
apply fundamental concepts from IR to the AD problem set.
Techniques borrowed from IR include (1) arrangement of
PET scans in a vector space, with one dimension for each
PET scan voxel, (2) reﬁnement of queries by subtraction of
orthogonal vectors (a technique used to implement a logi-
cal NOT operation for search engines—see Widdows 2004;
Widdows and Peters 2003), and (3) scoring of PET scan “rel-
evance” to a diagnostic query by means of cosine similarity
betweenvectors.Cosinesimilarityscoresderivedinthisman-
nerareusefulforconstructingclassiﬁersthatdifferentiateNC
subjects from AD subjects, as well as MCI patients who are
destined to convert to AD within 2 years from those who
are not. Furthermore, both types of cosine similarity scores
derived here make independent contributions to variance
in follow-up FAQ scores that supersede the contribution of
diagnostic group, suggesting that this method may be use-
ful for making more precise prognostications regarding the
functional status of individuals. The validity of the method
is given further support by the fact that the residual vectors
bear a topographic resemblance to maps of the default mode
network.
The method is computationally simple, at least relative
to many techniques commonly run on modern computers.
Ordinary least squares regression (the ﬁrst step for comput-
ing the residual vectors) is a common approach to ﬁnding
approximate solutions to many problems in statistics and
engineering. Accordingly, algorithms for regression are fast
and implementations are convenient. In MATLAB R  ,t h er e -
gression step takes only one line of code and usually runs
in less than 1 sec, even with large matrices. Classiﬁers built
from structural MRI data that discern between controls and
ADpatientshavesimilaraccuracytotheonespresentedhere,
but are much more computationally intensive, sometimes
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requiring more than 1 week to build the classiﬁer and hours
to test it (Cuingnet et al. 2010).
Themethodpresentedherecomparesfavorablywithother
methods.ClassiﬁersbuiltfromstructuralMRIdataaloneper-
formwellwhendifferentiatingbetweenpatientswithADand
subjects with normal cognition (up to 81% sensitivity with
95% speciﬁcity for voxel-based methods) (Cuingnet et al.
2010).Somestudieshavereportedcomparableaccuracywith
MRI methods for predicting conversion from MCI to AD,
but sample sizes have been small and lack of cross-validation
may mean that the results will not generalize to other sam-
ples (Convit et al. 2000). An ambitious study that compared
the performance of 10 methods for building classiﬁers from
MRIdata,usingcross-validationandalargesamplefromthe
ADNI database, failed to identify any method that performs
better than a random classiﬁer for discerning between MCI
converters and nonconverters (Cuingnet et al. 2010). Clas-
siﬁers built from FDG-PET data might perform somewhat
better. For example, in a study evaluating biomarkers from
the ADNI study for predicting worsening among MCI pa-
tients, glucose metabolism of the entorhinal or retrosplenial
cortices were signiﬁcantly correlated with change in MMSE
overa2-yearperiod.OftheMRImeasures,onlyretrosplenial
graymatterreductionswereusefulforpredictingchange,but
did so for both MMSE and CDR sum of boxes score (Wal-
hovd et al. 2010). As a clinical tool, PET scans are useful for
predicting progressive dementia, and may have sensitivity of
93%andspeciﬁcityupto76%wheninterpretedbyanexpert
nuclearmedicinephysician(Silvermanetal.2001).However,
it might be difﬁcult to replicate these results in the absence
of such an expert reader.
This work has several limitations. First, classiﬁers could
incorporate other types of data, such as genetic testing or
neuropsychological measures. Other investigators have eval-
uated a combination of PET and neuropsychological data
for predicting changes in cognition and daily functioning,
withtheresultssuggestingthatFDG-PETmakesanindepen-
dent contribution to such a model and might be superior
to cognitive testing alone (Landau et al. 2010, 2011). One
of the classiﬁers presented here was enhanced by the addi-
tion of FAQ score, a brief informant-based measure of daily
functioning. It remains to be seen, however, whether co-
sine similarity scores as derived here can make an additive
contribution to cognitive testing for diagnosing AD or pre-
dicting cognitive and functional decline. Future work will
look to combinations of imaging measures, apolipoprotein
E genotyping, and neuropsychological test scores for per-
forming prognostications. Second, although classiﬁers us-
ing logistic regression have the advantage of being familiar
to most clinicians, advances in machine learning (e.g., sup-
port vector machines) could add substantially to the qual-
ity of diagnoses and prognostications generated using the
methods outlined here. Third, these data were acquired on a
highly speciﬁc subset of patients with AD and nondementia
memory impairment. Classiﬁers trained with these methods
might not perform as well on a more heterogeneous patient
population, such as the general population of patients pre-
senting to a given memory disorders clinic, because other
Figure 5. ROC curves showing performance of logistic regression models for separation of MCI subjects into a group that converted to AD within 2
years and a group that went 2 years without converting. (A) ROC curve using only cosine similarity scores for classiﬁcation. These scores were derived
by computing cosine similarity between each subject’s PET scan and a residual vector like the one depicted in Fig. 3. (B) ROC curve using both cosine
similarity scores, FAQ score, and their interaction. Addition of FAQ substantially improves the classiﬁer.
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diseaseentities(vasculardementia,dementiawithLewybod-
ies) and other forms of nondementia cognitive impairment
(executive dysfunction, progressive aphasia) may render the
cosine similarity scores derived by this method less relevant.
On the other hand, the method introduced here is meant
to have general utility and could theoretically be adapted to
apply to any of these problems.
IR is a vast and rapidly developing ﬁeld with real and
highly visible advances. Elementary applications of IR-like
techniques like the one presented here may seed further in-
terest in interdisciplinary work between the ﬁelds of IR and
clinical neuroscience.
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